Abstract. Using an integral identity for a once differentiable mapping, this paper establishes Hadamard's integral inequalities for s-convex and s-concave mappings. In particular, our results improve and extend some known ones in the literature. Finally, these inequalities are applied to special means.
Introduction
Throughout the present paper, we use I ⊆ R to denote the real interval, I • to denote the interior of I.
Let f : I ⊆ R → R be a convex function and a,b ∈ I with a < b, then
This remarkable result is well known in the literature as Hermite-Hadamard's inequality for convex mapping. Both inequalities hold in the reversed direction if f is concave.
We know two kinds of s-convexity/concavity (0 < In recent years, a lot of inequalities of Hermite-hadamard type for convex and sconvex functions were presented, some of them can be reformulated as the following theorems. 
, then the following inequalities hold: 
(1.8)
For some recent results connected with convex, s-convex and other forms of convex, the reader can refer to [2, 3-5, 8, 12, 14-15] and the references therein.
Based on our previous works [13, 16] , in this paper we are going to introduce new Hadamard's integral inequalities with two parameters for a class of s-convex and sconcave functions and improve some known results in the form of corollaries.
Main results
Before proceeding towards our main theorems regarding of Hadamard type inequality for the s-convex function, we need a variant of integral identity, which is derived from Lemma 1.1. 
for each x ∈ (a,b) and y ∈ [0,1].
Proof. We note that
Integrating by parts, we get that [9] . Now, the main results about Hadamard's integral inequalities for s-convex and sconcave mappings will be presented. 
Proof. From Lemma 2.1, it follows that
Using well known power-mean inequality, for q > 1 and p =−1
, it yields that
and thus, we obtain
Using the fact that
We get the required result. 
(2) if we choose x = a+b 2 , y = 1, and s = 1, we also obtain
Corollary 2.2. Under the conditions of Corollary 2.1 (1), using the fact
, for 0<r<1,a 1 ,...,a n ≥0 and b 1 ,...,b n ≥0. Then using the convexity of | f | ′ , we obtain
which is an improved result comparing with inequality of (1.5). And the inequality of (1.5) is just Theorem 2.1 established by Kirmaci andÖzdemir in [11] . 
Proof. By Lemma 2.1, using the famous Hölder integral inequality in the following way, we get
From inequality (1.4), the following inequalities can be easily obtained
Then, we have
This completes the proof of Theorem 2.2. 
(2) if we choose x = a+b 2 , y = 1, and s = 1, we have
It is noted that the result of the first inequality (2.7) is better than the inequality (1.8) presented by Kiramic et al. in [10] . 
Proof. We proceed similarly as in the proof of Theorem 2.2, the only difference is that we use the s-concavity of | f ′ | q and inequality (1.4), then
So, we can show that These quantities are respectively called the arithmetic, logarithmic and generalized logarithmic means of two positive number α and β. Now, we give some applications to special means of real numbers using the results of Section 2. 
